
From Scenarios to Timed Automata

Neda Saeedloei1 and Feliks Kluźniak2

1 Southern Illinois University, Carbondale ?

neda@cs.siu.edu,
2 Logic Blox

feliks.kluzniak@logicblox.com

Abstract. We describe a new method of synthesizing a formal model for
real-time systems from scenarios. Scenarios, formally defined as Timed
Event Sequences, together with mode graphs are used to describe behav-
iors of real-time systems. Given a set of Timed Event Sequences and a
mode graph, our synthesis method constructs a minimal, acyclic, timed
automaton that models the specified aspects of the system. We formalize
criteria that a set of scenarios must satisfy in order to make it feasible
to generate such an automaton.
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1 Introduction

Model-based design has been used as an effective approach to the process of
designing, analysis, and verification of complex systems. The process can greatly
benefit from building a formal model, i.e., one that is expressed in a formal
language with well-defined semantics. An important advantage of modeling is
that one obtains insight into how a physical realisation of the system would
behave in the real world.

A formal model can be used as a high-level “prototype”: it can be exper-
imented with and iteratively improved. (The cost of doing so is significantly
lower than that of experimenting with and improving a real implementation of
the system.) Depending on how the model is constructed, such experimenta-
tion usually takes the form of either formally deriving logical conclusions, or of
automatic simulation. The overall purpose is to obtain a validated model, i.e.,
one whose “behavior” does indeed comply with the desired behavior of the mod-
eled system. The insight mentioned in the preceding paragraph arises out of the
necessity of formulating very clear criteria for (or examples of) desirable and
undesirable behaviors.

While the use of model-based design is promising and rapidly growing, a ma-
jor problem is the lack of good formal requirements, which are the starting point
in building a model. System requirements are often incomplete, ambiguous or
? The preliminary research was carried out while the first author was at the University
of Minnesota, Duluth.
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very low level. Incomplete requirements cannot be used for building realistic sys-
tems, as some parameters and functionalities are missing and must be guessed.
Real-time systems, in particular, are often safety-critical systems, and unspeci-
fied behaviors and missing cases cannot be tolerated. Ambiguous requirements
must be made more precise before the formal model is complete (and the act of
analysing and attempting to model ambiguous requirements can be very helpful
in detecting the ambiguities). Finally, very low level requirements are difficult to
understand and reason about, so tend to be less useful for modeling purposes.
It is exactly the unavailability of satisfactory requirements specifications that
makes modeling such an important step in the process of constructing a system.

In this paper we focus on two important questions: (1) how to express re-
quirements, and (2) how to obtain formal models of real-time systems from
requirements. Our formal models will take the form of timed automata [1].

We propose a new method for synthesizing a timed automaton model of a
real-time system from scenarios. A scenario can be viewed as a description of a
set of partial behaviors of a real-time system during a time interval: it describes
not only the events that occur in the system, but also the timing relations among
the events. All behaviors “allowed” by a particular scenario must satisfy the same
time constraints.

The events in a scenario include both the system’s internal events and its
interactions with users or the environment. A set of scenarios can capture the
important aspects of the required system behaviors, and be the starting point
for constructing a formal model of the system.

We introduce Timed Event Sequences (TES)1 to describe scenarios formally,
precisely, and at a high level of abstraction. We also use mode graphs (others
have called them “mode diagrams” [8]) to specify the events that are possible at
various points in the history of the system. Our scenarios, together with mode
graphs, can be viewed as high level descriptions of real-time systems. As such,
they are easy to understand and use by practitioners who utilise scenarios to elicit
system requirements. The other alternative would be to build timed automata
directly. But people who provide information about the requirements will not
always be comfortable with timed automata: for some of them mode graphs and
scenarios might be easier to handle (this observation seems to have motivated
different work by others [8]).

Our method constructs a timed automaton from a set of TES and a mode
graph. The constructed automaton is an acyclic2 automaton with a minimum
number of locations, which captures all those behaviors of the system that are
described by the set of TES. All the possible runs of the constructed timed
automaton are possible behaviors of the system in the sense of being runs of the
mode graph. The principal value of the constructed automaton is that it caters
for the time constraints introduced in the scenarios.

1 We will use the abbreviation for both the singular and the plural form of the term.
2 The acyclicity of our automaton does not prevent it from being used as a timed
automaton with infinite runs, as will be explained in Section 6.
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Our goal of synthesizing timed automata with a minimal number of locations
is motivated by the fact that the “state explosion problem” has been a major
challenge in model checking concurrent systems [5].

We construct acyclic timed automata, because the conventional formalism
of timed automata does not allow inclusion of variables other than clocks. By
allowing cycles the formalism would have to be extended in order to express a
limit on the number of iterations (e.g., the number of attempts to enter a PIN).

From a bird’s eye perspective, our approach can be described as follows:
1. A mode graph M defines the universe BM of all the possible behaviors

of the system: these are, roughly, the runs of M when treated as a finite
automaton.

2. A scenario A imposes timing constraints on certain kinds of concrete behav-
iors, thus defining Allowed(A) ⊂ BM: the set of those possible behaviors
that are allowed by A.

3. Two scenarios, A and B , together define the set of allowed behaviors as
Allowed(A) ∩Allowed(B).

4. The constructed timed automaton exhibits behaviors that are allowed by
all the scenarios and are described by some of them. If the set of exhib-
ited behaviors is smaller than expected, then either the constraints in some
scenarios are too strict, or certain kinds of behaviors have not yet been spec-
ified. The activity of specifying a system must of necessity be iterative: that
is why the automaton must be constructed automatically.

2 Timed automata

We now present a brief overview of timed automata [1].
For a set C of clock variables, the set Φ(C) includes clock constraints of the

form c ∼ a, where ∼∈ {≤,≥, <,>,=}, c ∈ C, and a is a constant in the set of
rational numbers, Q.

A timed automaton is a tuple A = 〈E,Q,Q0, Qf , C,R〉, where
– E is a finite alphabet;
– Q is the (finite) set of locations;
– Q0 ⊂ Q is the set of initial locations;
– Qf ⊆ Q is the set of final locations;
– C is a finite set of clock variables;3
– R ⊆ Q×Q×E×2C×2Φ(C) is the set of transitions of the form (q, q′, e, λ, φ),

where the set λ ⊆ C is the set of clocks to be reset with this transition, and
φ is a set of clock constraints over C.

A time sequence τ = τ1τ2... is an infinite sequence of (time) values τi ∈ R≥0,
satisfying two requirements:
– Monotonicity : τ increases strictly monotonically, i.e., τi < τi+1 for all i ≥ 1.
– Progress: For every t ∈ R≥0, there is some i ≥ 1 such that τi > t.

A timed word over an alphabet E is a pair (σ, τ) where σ = σ1σ2... is an infinite
word over E and τ is a time sequence.
3 We will follow the usual convention and use “clocks” instead of “clock variables”.
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Fig. 1. A mode graph corresponding to the ATM

A clock interpretation for a set C of clocks assigns a value in R≥0 to each
clock; that is, it is a mapping from C to R≥0. We say that a clock interpretation
ν for C satisfies a set of clock constraints φ over C iff every clock constraint in
φ evaluates to true after replacing each clock variable c with ν(c).

For τ ∈ R, ν + τ denotes the clock interpretation which maps every clock c
to the value ν(c) + τ . For Y ⊆ C, [Y 7→ τ ]ν denotes the clock interpretation for
C which assigns τ to each c ∈ Y , and agrees with ν over the rest of the clocks.

A run ρ of A over a timed word (σ, τ) is an infinite sequence of the form

ρ : 〈q0, ν0〉
σ1−→
τ1
〈q1, ν1〉

σ2−→
τ2
〈q2, ν2〉

σ3−→
τ3

. . .

with qi ∈ Q and νi ∈ [C 7→ R≥0], for all i ≥ 0, satisfying two requirements:
– q0 ∈ Q0, and ν0(c) = 0 for all clocks c ∈ C ;
– for every i ≥ 1 there is a transition in R of the form (qi−1, qi, σi, λi, φi), such

that (νi−1 + τi − τi−1) satisfies φi, and νi equals [λi 7→ 0](νi−1 + τi − τi−1).

3 Specifying Scenarios

We will now describe our representation of scenarios. We will use the initial
behavior of an Automatic Teller Machine (ATM) to illustrate some terms and
definitions.

Intuitively, a scenario describes a set of partial behaviors of a system during
a time interval. We use mode graphs to describe all the possible behaviors of a
system. A mode graph (cf. [8]) is a deterministic state machine that describes
the high level behavior of a system. Modes can be viewed as visible states of
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a system. A transition is triggered by an event allowable in the current mode
and brings the system to a new mode. For example, Fig. 1 shows the mode
graph that outlines the initial behavior of the ATM controller and a potential
customer (user). The transition from pin-entered to user-verified is triggered by
a correct-pin event.

Scenarios are used to put various constraints on certain behaviors of a system.
Examples of constraints include time constraints on certain events or constraints
on the number of occurences of some events, e.g., a limit on the number of times
a PIN can be re-entered.

We use Timed Event Sequences to formally represent scenarios. A Timed
Event Sequence (formally defined in Sec. 4) contains:
– The initial and the final mode of the specified scenario.
– A sequence of timed events. We assume each event occurs at some time w,

shown by the wall clock when the event occurs. An event may be augmented
with a set of time annotations that impose restrictions on relations between
the time of the event and the times of some earlier events in the scenario.

Fig. 2 shows two scenarios, which specify the ATM’s initial behavior. Scenario
1 describes behaviors in which the user enters an incorrect PIN, and then the
correct PIN in the second attempt. It includes a sequence of seven timed events,
along with the initial and the final modes. Initially the mode of the system is
m0 (card-not-inserted). After inserting the card at time t0, the user enters the
PIN at time w > t0, such that the time difference between the two events, i.e.,
w − t0 is within [5, 60] seconds. Upon receiving the PIN, the ATM notifies the
user that the PIN was incorrect. The user then enters another PIN within [5, 60]
seconds since inserting the card. Once the user is verified (mode m4), the system
displays the menu within the next 5 seconds. The new mode at this point is m6

(menu-displayed). Please note that tj , where 0 ≤ j ≤ 7, is used to denote the
time of leaving mode mj (most recently).

Scenario 2 describes behaviors in which the user enters the correct PIN on
the first try. The time annotations are a subset of those in scenario 1.

It is easy to see that each of these scenarios allows an infinite number of
slightly different behaviors: a scenario directly captures the salient features of a
class of allowable behaviors.

4 A Formal Description of Mode Graphs and TES

Mode Graphs. A mode graph is a tupleM = (M,m0,mf , Σ, T ), where M is
a finite set of modes, m0 is the initial mode, mf is the final mode (which can
be identical to m0), Σ is a set of events, and T : M × Σ → M is a transition
function. The latter will be represented as a set of transitions, i.e., triples of the
form (mi, e,mj), where mi and mj , are modes in M , and e is an event in Σ.
We assume events are unique in the mode graph: for an event e ∈ Σ, there is at
most one transition in T that is labelled with e.4

4 This is just a convenient convention, not a real restriction.
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card-not-inserted
(insert-card, {})
(enter-pin,{w − t0 ≥ 5, w − t0 ≤ 60})
(incorrect-pin, {})
(re-enter-pin,{w − t0 ≥ 5, w − t0 ≤ 60})
(correct-pin, {})
(request-data-from-bank, {})
(display-menu, {w − t4 ≤ 5})
menu-displayed

Scenario 1

card-not-inserted
(insert-card, {})
(enter-pin,{w − t0 ≥ 5, w − t0 ≤ 60})
(correct-pin, {})
(request-data-from-bank, {})
(display-menu, {w − t4 ≤ 5})
menu-displayed

Scenario 2

Fig. 2. Two scenarios showing two alternative sets of initial behaviors of the ATM

A run r of M is a (possibly infinite) sequence of the form r : s1
e1−→ s2

e2−→
s3

e3−→ . . . (where s1 = m0 and si ∈ M), such that for every i ≥ 1 there is a
transition in T of the form (si, ei, si+1). Any contiguous subsequence of a run is
called a partial run (so a run is also a partial run).

We define source(e) = m, if (m, e, n) ∈ T , for any mode n ∈M .
If m and n are modes inM , then m dominates n if and only if all paths from

the initial mode to n pass through m [9]. We denote the dominance relation on
M by �: m � n iff m dominates n (we also say that n is dominated by m). We
write m � n to denote that m � n and m 6= n. (� is a partial order.)

We extend the definition of dominated modes to dominated events: an event
e is dominated by mode m iff m � source(e). For example, in Fig. 1, card-not-
inserted, card-inserted, pin-entered, user-verified and waiting-for-bank are all the
dominating modes of waiting-for-bank. The event display-menu is dominated by
all the modes that dominate waiting-for-bank.

Let V = {t1, t2, ..., tn} be a set of time variables, such that |V | ≥ |M |.
To each mode mi of M that appears in a scenario we assign ti ∈ V , which

is interpreted as the time of leaving mi. If there is a cycle involving mode mi,
then ti corresponds to the time of the most recent event occurrence at mi in that
scenario (since the most recent visit at m0). For example, if a scenario for the
mode graph of Fig. 1 describes an iteration between modes m2 and m3, then t2
corresponds to the time of the most recent notification of an incorrect PIN in
the scenario.

We use Φ(V ) to denote the set of time annotations of the form w − tj ∼ a,
where w is the time currently shown by the global wall clock, tj is a time variable
in V , ∼∈ {≤,≥, <,>,=}, and a is a constant in the set of rational numbers.
Timed Event Sequences. Given a mode graph M = (M,m0,mf , Σ, T ), a
Timed Event Sequence ξ is a tuple of the form 〈minitial , Ψ,mfinal〉, where minitial

and mfinal are in M , and Ψ is a non-empty sequence of timed events of the form
(ek, φk), 1 ≤ k ≤ n, where ek ∈ Σ, and φk ∈ 2Φ(V ) is a set of time annotations
associated with ek. minitial and mfinal are the first and last modes of ξ.

We define initial_mode(ξ) = minitial and final_mode(ξ) = mfinal . We also
define events(ξ) to be the sequence e1e2 . . . en of events in ξ.
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Fig. 3. A mode graph and a few TES

Compatibility with Mode Graph. A TES ξ = 〈minitial , Ψ,mfinal〉 is compat-
ible with M, if
– for events(ξ) = e1 . . . en, there exists a partial run s1

e1−→ s2 . . .
en−→ sn+1 of

M, such that s1 = minitial , sn+1 = mfinal and si ∈M , for 1 ≤ i ≤ n;
– for a timed event (ek, φk) in Ψ and time annotation w − ta ∼ b ∈ φk, ta

corresponds to the time of the most recent event ej that occurred before ek
in ξ, such that sj = ma and ma � sk.

The second requirement means that a time annotation accompanying an event
e can refer only to the times of previous events which originated in modes that
dominate e. This fundamental dominance assumption guarantees that all time
variables are well-defined (i.e., each time variable used in a time annotation on
a transition is being defined on every path that reaches the transition).

This notion is best illustrated by an example. In the mode graph of Fig. 3,
each mode mi is associated with time ti. In scenario ξ1, the time annotation
on event h refers to the time of leaving m2, which dominates h. Hence, t2 is
well-defined regardless of the path taken from m0 to m5.

If h were annotated with a reference to t3, t3 would not be well-defined, as
m3 does not dominate h: if m5 were reached through m4, t3 would be undefined.

Observe that the TES ξ2 of Fig. 3 is not compatible with the mode graph
of Fig. 3, as the sequence abf does not correspond to a partial run of the mode
graph. The rest of the TES in Fig. 3 are compatible with the mode graph.
Behaviors. Given a mode graphM = (M,m0,mf , Σ, T ), we define a behavior
as a finite timed word (e, w) over Σ, where e = e1e2e3...en, such that there exists
a run m0

e1−→ s2
e2−→ s3

e3−→ . . .
en−→ mf of M (in which m0 and mf occur only

once), and w = w1w2w3 . . . wn is a monotonically increasing sequence of real
numbers. Each wi represents the value of the wall clock when ei occurs. We use
BM to denote the set of all such behaviors.
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A non-empty contiguous subsequence (ek...em, wk...wm) of a behavior B =
(e, w) is covered by a TES ξ iff ek...em = events(ξ).

A behavior B is relevant to TES ξ iff it includes a subsequence that is covered
by ξ. Otherwise, it is irrelevant to ξ.

All the behaviors in B1 = {(abceik , w1w2w3w4w5w6) | ∀1<i≤6 wi > wi−1}
are relevant to ξ3 of Fig. 3, as their subsequence (abce, w1w2w3w4) is covered
by ξ3. Similarly, the behaviors are relevant to ξ6 on account of the subsequence
(ab, w1w2). But the behaviors are irrelevant to ξ4, for example.

A behavior B is covered by a set of TES, Ξ, iff B can be partitioned into
a series of non-empty contiguous subsequences, such that each subsequence is
covered by a different ξ in Ξ. (Different, to avoid unwanted loops.)

All the behaviors in B2 = {(abcegj , w1w2w3w4w5w6) | ∀1<i≤6 wi > wi−1} are
covered by the set {ξ3, ξ4} of TES in Fig. 3.

We define Covered(Ξ) = {B ∈ BM | B is covered by Ξ}.
A behavior B=(e1e2 . . . en, w1w2 . . . wn) is allowed by a TES ξ iff, for every

non-empty contiguous subsequence (ek . . . em, wk . . . wm) of B that is covered by
ξ, the following holds: for every k ≤ i ≤ m, w− tj ∼ a ∈ φi in ξ evaluates to true
when w is replaced by wi and tj by the time of leaving mode mj (for the last
time before ei in this covered subsequence). The dominance assumption ensures
that the latter will be well-defined.

Notice that a behavior that is irrelevant to ξ is allowed by ξ.
All the behaviors in B3 = {(abceh, w1w2w3w4w5) | (∀1<i≤5 wi > wi−1) ∧

w2−w1 > 1∧w5−w3 ≤ 3} are allowed by ξ3, ξ5 and ξ6 in Fig. 3. The behaviors
in B3 are allowed also by ξ4, as they are irrelevant to ξ4.

The set of behaviors allowed by a TES ξ is denoted by Allowed(ξ)⊂BM.
With a slight abuse of notation, we define the set of behaviors allowed by Ξ

as Allowed(Ξ) =
⋂
ξ∈Ξ Allowed(ξ).

5 Synthesis of Timed Automata from Scenarios

Given a mode graphM and a set of TES, Ξ, the objective is to build a timed
automaton A, such that each behavior that is allowed and covered by Ξ corre-
sponds to a run of A, and vice versa. The automaton should contain the smallest
possible number of locations.

Observe that the constructed timed automaton cannot, in general, be re-
placed by a suitably annotated mode graph. For instance, if the original mode
graph contains a cycle to allow multiple attempts to enter a PIN, just adding
time annotations would not let us express that the number of attempts must
not exceed three, and that all must take place within a given time. That would
require adding extensions to the conventional formalism of timed automata.

As another example consider the mode graph and the set of TES Ξ1 =
{ξ1, ξ5} of Fig. 3. The goal is to construct an automaton, which captures all and
only those behaviors that are both covered and allowed by Ξ1. Annotating the
“relevant” parts of the mode graph with appropriate time constraints, and hence
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obtaining the automaton of Fig. 4, for instance, would create unsatisfactory re-
sults: the automaton would also “show” the behaviors in {(abceh,w1w2w3w4w5)
| ∀1<i≤5 wi > wi−1} which are clearly not covered by Ξ1.

A requirement of the synthesis algorithm is that the overall automaton have
only one initial location and one final location. Moreover, the automaton should
be connected : each location must be reachable from the initial location and there
must be a path from each location to the final location.

We introduce five criteria that a set of TES must satisfy in order to make
generation of such an automaton feasible. A set of TES that complies with these
criteria is called complete.

Given a mode graphM = (M,m0,mf , Σ, T ), a set Ξ of TES is complete if:

1. Every ξ ∈ Ξ is compatible withM.
2. For every ξ ∈ Ξ, either initial_mode(ξ) = m0 or there exist ξ1, ξ2, ..., ξj ∈ Ξ,

such that ξj = ξ and:
– initial_mode(ξ1) = m0,
– initial_mode(ξk) = final_mode(ξk−1), for each ξk, 1 < k ≤ j.

3. For every ξ ∈ Ξ, either final_mode(ξ) = mf or there exist ξ1, ξ2, ..., ξj ∈ Ξ,
such that ξ = ξ1 and:
– final_mode(ξj) = mf ,
– final_mode(ξk−1) = initial_mode(ξk), for each ξk, 1 < k ≤ j.

4. For every ξ ∈ Ξ, initial_mode(ξ) 6= final_mode(ξ). Moreover, there is
no sequence of TES ξ1, . . . , ξj such that ξ = ξ1, final_mode(ξk−1) =
initial_mode(ξk) for 1 < k ≤ j, and final_mode(ξj) = initial_mode(ξ).

5. All occurrences of an event e must have (textually) identical time annota-
tions.
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Considering the mode graph of Fig. 3, the set Ξ1 = {ξ1, ξ5} is not complete. But
it can be made complete, either by removing ξ5 or by adding ξ6. The automaton
of Fig. 4 corresponds to the complete set of TES Ξ2 = {ξ1, ξ5, ξ6}.

Given a set of TES, checking that the set is complete (based on the criteria
defined above) is straightforward. In the rest of the paper, we assume that the
given set of TES is complete.

Next, we formally define the problem.
Given a mode graph M = (M,m0,mf , Σ, T ) and a complete set of TES

Ξ = {ξ1, ξ2, ..., ξn}, the goal is to construct an acyclic, minimal automaton A
such that: A has a run on behavior B iff B ∈ Allowed(Ξ) ∩ Covered(Ξ).

6 Constructing Locations and Transitions

Our synthesis method is implemented in two major steps. First, the timed events
in each ξi ∈ Ξ along with the mode graphM are used to build a graph, which
we call a time-annotated graph. The graph consists of nodes5 connected by time-
annotated transitions. Second, clocks are allocated and time annotations are
rewritten in terms of these clocks: the result is a timed automaton A.

Before describing our method, we formally define time-annotated graphs. Let
P be a set of labels, e.g., atomic propositions, etc.

A time-annotated graph (TAG) is a tuple G = 〈E,Q, q0, qf , R, L〉, where
– E is a finite alphabet;
– Q is the (finite) set of nodes;
– q0 ∈ Q is the initial node;
– qf ∈ Q is the final node;
– R ⊆ Q×Q×E×2Φ(Q) is the set of transitions of the form (q, q′, a, φ), where
φ is a set of time annotations of the form w − s ∼ a, where s ∈ Q;

– L : Q→ P is a total function that maps each node to a label.
When we construct a time-annotated graph from a set of scenarios and a mode
graphM = (M,m0,mf , Σ, T ), we will use E = Σ and P =M .

The first step of our synthesis is preceded by a preprocessing step in which
the following three tasks are performed on the set of TES Ξ:
1. For each TES ξ = 〈minitial , ψ1 . . . ψn,m

final〉, if there is a sequence of TES
ξ1, . . . , ξj in Ξ, such that events(ξ) = events(ξ1) ⊕ · · · ⊕ events(ξj) (where
⊕ concatenates sequences), then ξ is removed from Ξ.
Intuitively, if a TES ξ can be broken up into several parts, each of which is
a TES in Ξ, then ξ can be safely discarded.

2. For each TES ξ, both the first and the last element of ξ (which name the
initial and final modes) is “marked” as a Join. In the constructed graph a
Join will correspond to a node that may have several incoming transitions
and several outgoing transitions.

3. For each TES ξi, if there is no TES ξk, k 6= i, such that final_mode(ξi) =
final_mode(ξk), the final element of ξi (which names the final mode) are

5 The nodes will be the locations of the synthesized automaton.
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marked as Fork (i.e., not a general Join: the corresponding node cannot have
more than one incoming transition).

After the preprocessing step is performed, Algorithm 1 (see p. 12) constructs
the nodes and transitions corresponding to the first TES, ξ1, thus obtaining the
initial TAG, G1. It then repeatedly takes a partial TAG Gk (constructed so far)
and integrates a new TES ξk+1 with Gk to obtain the augmented graph Gk+1.

As the algorithm constructs the corresponding nodes and transitions of each
ξi, it also labels the nodes. A newly constructed node q is labelled with mode
mj , i.e., L(q) = mj , if there is a transition on event e from node s to q such that
L(s) = mi, and (mi, e,mj) ∈ T . Moreover, the algorithm sets the status of each
node in the constructed graph. The status of q will be set to Open (Openf ), if
mj is a Join (Fork) in ξi; otherwise it will be set to Closed .

Every time the algorithm chooses a new TES ξ, it takes one whose initial
mode is already represented by a node s whose status is not Closed . It then tries
to identify a common prefix between events(ξ) and the sequence of events in
a path beginning at s. In doing so, the algorithm avoids merging (i) a Closed
node q in the graph, where L(q) = m, with a mode m that is a Join in ξ, and
(ii) an Open node q in the graph, where L(q) = m, with mode m, if m is not a
Join in ξ. This avoids introduction of new behaviors that are not covered by Ξ.
For example, consider the set of TES {ξ1, ξ5} in Sec. 5. We already mentioned
that the automaton of Fig. 4 is not correct for this set. This is because the node
corresponding to mode m2 in the automaton is Closed , but is merged with a
Join in ξ5.

Criterion 2 on p. 9 ensures that, as long as Ξ is not empty, it will always
contain at least one TES such that there is a node s in the constructed graph
such that L(s) = initial_mode(ξ) and the status of s is not Closed . So the
algorithm will terminate.

Procedure rename (see p. 13) deserves a comment. When the current node is
q and a timed event (e, φ) of some ξ is processed, we rename tj in w− tj ∼ a ∈ φ
to s, where s is the latest predecessor of q in G, such that L(s) = mj . Since ξ
is compatible with the mode graph, that predecessor must be one of the states
that were visited during the integration of ξ, hence there is no possibility of two
paths joining between s and q, hence the “latest predecessor” is well-defined.

Fig. 5 shows the time-annotated graph constructed by Algorithm 1 from the
mode graph and the set {ξ1, ξ3, ξ4, ξ5, ξ6} of TES in Fig. 3. Circles in dashed and
dotted lines indicate Open and Openf nodes, respectively. Note that the path
ab corresponds to the common prefix of ξ1, ξ3 and ξ6, as mode m2 in ξ6 is not a
Join, but a Fork (task 3 of the preprocessing step on p. 10).

The graph, G, built by Algorithm 1 has the following properties:
1. It is acyclic: we never introduce a transition from a node to its predecessor.
2. By construction, every scenario corresponds to a partial path in the graph,

and every path can be partitioned into partial paths that correspond to
scenarios.

3. By construction, several nodes in G might be labelled m, but only one of
them will not be Closed .
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Algorithm 1: Building nodes and transitions with time annotations
Input : A mode graphM = (M,m0,mf , Σ, T ), and a complete,

non-empty set of TES Ξ = {ξ1, ..., ξn}
Output: Time-annotated graph Gn = 〈En, Qn, q

0, qf , Rn, Ln〉

k := 0; E0 := ∅; Q0 := ∅; R0 := ∅; L0 := ∅;
create a new node s: Q0 := {s};
set the status of s to Open;
add label m0 to node s: L0 := {(s,m0)};
while Ξ 6= ∅ do

Ek+1 := Ek; Qk+1 := Qk; Rk+1 := Rk; Lk+1 := Lk;
choose a ξ = 〈minitial , ψ . . . ψl,m

final〉 in Ξ, such that there is a node s in
Qk+1 whose status is not Closed and Lk+1(s) = minitial ;
Ξ := Ξ \ {ξ};
sc := s; // sc always indicates the current source
j := 1;
// Identify a common prefix:
while j ≤ l ∧ ψj = (e, φ) ∧ (m, e,m′) ∈ T ∧ m′ is not a Join in ξ ∧

(sc, q, e, rename(sc, ψj , Gk+1)) ∈ Rk+1 ∧ q is not Open do
sc := q;
if j = l then

set the status of q to Openf ; // status of mfinal in ξ

j := j + 1;
// Create the rest of the nodes and transitions (if any):
while j ≤ l and ψj = (e, φ), where (m, e,m′) ∈ T do

φ′ := rename(sc, ψj , Gk+1);
if j = l and there is a node q ∈ Qk+1 such that
L(q) = m′ and q is Open then
create a new transition r := (sc, q, e, φ

′); // last transition for ξi
else

create a new node q: Qk+1 := Qk+1 ∪ {q};
add label m′ to node q: Lk+1 := {(q,m′)} ∪ Lk+1;
create a new transition: r := (sc, q, e, φ

′);
if j = l then

if the status of mfinal in ξ is Fork then
set the status of q to Openf ;

else
set the status of q to Open;

else
set the status of q to Closed ;
sc := q;

Rk+1 := {r} ∪Rk+1; Ek+1 := Ek+1 ∪ {e};
j := j + 1;

k := k + 1;

qf := f , where f is the node with no outgoing transitions; // property (6)
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Procedure rename(location q, timed event (e, φ), TAG G)
φ′ := true;
foreach w − ti ∼ a ∈ φ do

φ′ := φ′ ∧w − s ∼ a, where s is the nearest predecessor of q in G such that
L(s) = mi;

Return φ′;

4. For every ξ added to the graph the node that corresponds to initial_mode(ξ)
is already in the graph. So the partial path corresponding to ξ will be con-
nected to the graph at node s, i.e., every node will be reachable from the
initial one.

5. The order in which the TES are selected from Ξ does not affect the shape
of the constructed graph. By property 3 at most one node with a label m
is not Closed . We connect TES only on nodes that are Open or Openf , and
the merging of prefixes does not depend on ordering.

6. There must be at least one node with no outgoing transitions, because the
graph is finite and acyclic. Each such node is labelled with mf , because the
set of TES is complete (criterion 3 on p. 9 implies that a node whose label
is not mf must have outgoing transitions). But by property (3) at most one
node with label mf is not Closed . So all the TES whose final mode is mf

must join at this node. Therefore the final node is unique.
7. Property 6 and criterion 3 on p. 9 imply that the final node can be reached

from all the other nodes in the graph.
8. When one considers the labels of the nodes, every run of G is also a run of

the mode graph. This is because a transition from s to q is introduced only
if there is a transition from L(s) to L(q) in the mode graph.

The TAG constructed by the algorithm might not yet be minimal: there might
exist paths ending in the same (Open) node that have common suffixes. Such
common suffixes should be merged, with appropriate attention given to the sta-
tus of nodes in order to avoid introduction of new behaviors: the process is very
similar to that of merging prefixes.

The resulting automaton (Sec. 7) will be minimal, in the sense that merging
any two nodes or transitions would create a cycle or introduce a new behavior.

7 Building the Target Timed Automaton

Algorithm 1 generates the locations and time-annotated transitions of the overall
timed automaton in the form of a TAG. The next step of our synthesis method
is to transform this TAG to the final automaton. For this, the time annotations
of the graph must be replaced by clock operations, i.e., clock resets and clock
constraints. There are three tasks: (i) determining the number of clocks required,
(ii) identifying transitions at which each clock must get reset and adding the
resets, (iii) rewriting the time annotations of the graph as clock constraints. The
three tasks mentioned above are performed by Algorithm 2.



14 Saeedloei and Kluźniak

Algorithm 2: Generating clock resets and constraints
Input : A time annotated graph G = 〈E,Q, q0, qf , R, L〉
Output: A timed automaton A = 〈E,Q, q0, qf , C,Θ〉

C := ∅; Θ := ∅; clock_assign := ∅;
foreach transition (q1, q2, e, φ) ∈ R do

foreach time annotation w − s ∼ a ∈ φ do
if (s, ci) /∈ clock_assign, for some clock ci then

create a new clock ci: C := C ∪ {ci};
clock_assign := clock_assign ∪ {(s, ci)};

foreach transition r = (q1, q2, e, φ) ∈ R do
λ := ∅; δ := ∅;
if (q1, ci) ∈ clock_assign, for some clock ci then

λ := {ci};
foreach time annotation w − s ∼ a ∈ φ do

δ := δ ∪ {(cj ∼ a)}, where (s, cj) ∈ clock_assign

The dominance assumption and our construction ensure that in the con-
structed TAG every path leading to a transition r annotated with w − s ∼ a
must have previously passed through location s. Therefore, the clock assigned
to s is well defined, i.e., it will always be initialized (reset) before it is used for
the first time.

The number of clocks allocated by this algorithm may be greater than strictly
necessary. Moreover, some of the resets may be redundant. A method for com-
puting an optimal allocation of clocks, too involved to present here, is described
in another paper [13].

After the construction is completed, we identify the final location with the
initial location. This allows runs to be infinite. The dominance assumption en-
sures that the value of a clock from a previous iteration will not be used before
it is reset in the current iteration.

From property 2 on p. 11 it follows that the set of runs of the final automaton
will correspond exactly to all those behaviours in BM that are covered by Ξ.
Each such behaviour will also be allowed by Ξ. This follows from our assumption
that all the occurrences of a particular event in the members of Ξ have exactly
the same time annotations: our construction ensures that all the supbaths in the
automaton that correspond to those partial behaviours that are relevant to a
particular scenario will have equivalent constraints.

Fig. 6 shows the minimal TAG and the automaton synthesized from the two
TES in Fig. 2. Without the optimization step mentioned at the end of Sec. 6 the
automaton would include two additional states and two more transitions.

8 The Class of Synthesized Timed Automata

Each of our synthesized timed automata has the following properties:
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Fig. 6. The synthesized TAG and the automaton for the initial behavior of the ATM

– It has a unique initial location, q0. There is a path from q0 to every location.
– Each clock cj is always reset upon leaving a unique state sj .
– A clock constraint on a transition r that leaves a state s can refer only to a

clock that has been reset upon leaving a state that dominates s.
We call the class of such timed automata TADS . All automata in TADS share
some interesting properties. These properties allowed us to formulate a clock
allocation algorithm whose results are, for all practical purposes, optimal: the
details are discussed in another paper [13] (its theoretical underpinings are ex-
amined elsewhere [12]). The pivotal role of the dominance assumption makes
the class TADS somewhat restricted, but it can be used to model interesting
properties of real-time systems, e.g., safety properties such as bounded-response
and bounded-invariance.

For instance, Fig. 7 shows a variant of a monitor automaton [10], which checks
the property that “a is always followed by b within at most 10 time units”. Fig.
8 shows an automaton that checks a bounded-invariance property that “b will
never occur within 10 time units after a’s occurrence”.

Periodic behaviors can also be specified quite easily. For instance, the au-
tomaton shown at the top of Fig. 9 [1] can be simulated by an automaton in
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Fig. 9. Periodic behavior

TADS (shown at the bottom of Fig. 9), by introducing a new location and a
silent transition.

9 Related Work

Synthesizing formal models of systems from scenarios has been an active area
of research in the last two decades. The research has been focused mostly on
formalizing scenarios and developing techniques for scenario-based synthesis of
formal models. For scenarios to be used in automatic synthesis methods, they
must be both expressive and formal. Choosing the right level of abstraction
for representing scenarios is a very important step in this process. Scenarios
should formally specify the high level behavior of systems, without going into
unnecessary details. The choice of formalisms for representing scenarios also has
a great impact on the synthesis method that will be used for building formal
models from them.

Recently, Event Sequence Charts (ESCs) have been proposed for expressing
scenarios of systems, and a method for synthesizing finite state machines from
ESCs has been introduced [8]. Our TES are different from ESCs: ESCs use
the notion of monitored, term and controlled variables along with modes, all
borrowed from SCR (Software Cost Reduction) [8]. The relation between various
actions in ESCs and transitions of mode diagrams are specified by numeric labels.
Our Timed Event Sequences accompanied by mode graphs provide a somewhat
higher-level representation of scenarios. Our synthesis method is also different,
in that it constructs timed automata and not finite state machines.

Various extensions of Message Sequence Charts (MSCs) with time constraints
have been proposed for describing scenarios for real-time systems [3]. Different
notations for modeling time and expressing timing requirements are used in each
of these extensions, e.g., timers with reset and time-outs, and delay intervals for
events and activities [2]. UML features sequence diagrams: timing constraints
are included by drawing message arrows or by including timing markers [11].

Most of the work on scenario-based synthesis of formal models has been
focused on synthesizing state machine models [6, 16, 15]. While the resulting
models are useful for reasoning about the overall behavior of systems, they are
less useful for reasoning about time and behavioral properties related to time.
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To the best of our knowledge the problem of constructing timed automata
from a set of scenarios has been addressed only by Somé et al [14]. However, it
is not very clear how clocks, clock resets, and clock constraints are generated,
and to which transitions the clock resets are assigned. Moreover, the use of con-
tradictory scenarios may cause “unwanted non-determinism” in the constructed
automata, which seems undesirable. The authors use the concept of “character-
istic conditions” for generating locations and identifying identical locations, but
the concept is not formally defined: in particular, it is not obvious whether clock
constraints are also considered as characteristic conditions. Moreover, arbitrary
variables (e.g., a variable that counts the number of attempts for entering a
PIN) are allowed in the constructed automata: this is beyond the conventional
formalism of timed automata, which can feature only clock variables [1].

By contrast, in our approach we formally define a set of criteria for a complete
set of scenarios from which a synthesis to a timed automaton is possible. We use
modes, which are formally defined, as location labels, and use these labels for
identifying identical locations. Our algorithm precisely determines the transitions
along which each clock must be reset and the transitions where clock constraints
must be added.

There has been also some work in scenario-based synthesis of parametric
timed automata [7], where scenarios with parametric timing constraints in the
form of upper and lower time bounds are considered. Allowing parametric con-
straints in scenarios makes the corresponding synthesis methods difficult to scale
up to larger problems, though there are some indications that this might not be
a problem in practice [4].

10 Conclusions

We presented a new technique for specifying the required behaviors of real-time
systems in terms of a mode graph and a set of scenarios, and of generating a
timed automaton from these scenarios.

Intuitively, scenarios put time constraints on the possible partial behaviors
of systems. We have used Timed Event Sequences to formally describe scenarios.

We have presented a synthesis method for generating a minimal, acyclic
timed automaton from a set Ξ of such scenarios, provided that Ξ satisfies our
completeness requirements (see Sec. 5). Each behavior allowed by a scenario in
Ξ can be viewed as a run of this timed automaton. Moreover, every run of the
automaton corresponds to a behavior that is both covered and allowed by the
set of scenarios (see Sec. 4).

Our algorithm for constructing a timed automaton comprises two steps. The
first step is to generate a time-annotated graph which includes the locations and
transitions of the target timed automaton, where transitions are augmented with
time annotations from scenarios. Having constructed the skeleton of the target
timed automaton, the algorithm performs the second step: clock allocation. The
time annotations are used to determine the number of clocks and their reset
locations in the target timed automaton, and then to transform the time anno-
tations to clock constraints. The clock allocation algorithm presented here is not
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optimal: the description of a more sophisticated version is presented in another
paper [13].
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